The vertical absolute fluxes of atmospheric muons and muon charge ratio have been measured precisely at different geomagnetic locations by using the BESS spectrometer. The observations had been performed at sea level (30 m above sea level) in Tsukuba, Japan, and at 360 m above sea level in Lynn Lake, Canada. The vertical cutoff rigidities in Tsukuba (36.2 • N ,140.1 • E) and in Lynn Lake (56.5 • N ,101.0 • W ) are 11.4 GV and 0.4 GV, respectively. We have obtained vertical fluxes of positive and negative muons in a momentum range from 0.6 to 20 GeV/c with systematic errors less than 3 % in both measurements. By comparing the data collected at two different geomagnetic latitudes, we have seen an effect of cutoff rigidity. The dependence on the atmospheric pressure and temperature, and the solar modulation effect have been also clearly observed. We also clearly observed the decrease of charge ratio of muons at low momentum side with at higher cutoff rigidity region.
The evidence for atmospheric neutrino oscillation has been reported from the Super-Kamiokande collaboration by using high-statistics samples of muon neutrino events [1] . There are two major sources of systematic errors in evaluating the neutrino flux; the flux of primary cosmic-rays and the production cross sections of secondary mesons; pions and kaons [2] [3] [4] . Recently, the fluxes of primary cosmic-ray particles, mainly consisting of protons and helium nuclei, have been measured precisely by two independent and consistent observations [5, 6] . Although the details of interaction model itself is hard to be determined, the measurement of atmospheric muons plays crucial role in evaluating the flux of atmospheric neutrinos because muons and muon neutrinos are produced always in pairs as decay products of mesons and the kinematics of meson and muon decay is well known.
The muon flux at sea level has been measured by many groups. However, there are large discrepancies among those measurements much larger than the statistical error quoted in each publication. Therefore it is conceivable that the difference comes from systematic effects such as uncertainties in momentum determination, geometrical factor, exposure time, particle identification, trigger efficiency and normalization procedure.
We report here precise measurements of the absolute flux of atmospheric muons at sea level at Tsukuba (36.2 • N,140.1 • E), Japan and Lynn Lake (56.5
• N,101.0
Canada by using the BESS spectrometer [7] . The data were collected in '95
(at Tsukuba) and in '97, '98 and '99 (at Lynn Lake). The cutoff rigidities are 11.4 GV (at Tsukuba) and 0.4 GV (at Lynn Lake).
Spectrometer Setup
The BESS spectrometer was designed as a high resolution spectrometer with a large geometrical acceptance to perform precise measurements of primary and secondary cosmic-rays as well as a sensitive search for rare exotic particles of primary origin [8, 9] . Cross sectional views of '95 and '99 configurations are shown in Fig. 1 . The spectrometer configuration was updated in '97 as described below, and was kept similar in '98 and 99 except for shower counters installed in '99.
The thin superconducting coil [10] and points in the JET chamber measured using charge-division with a spatial resolution of 20 mm. By using these data, we performed the continuous and redundant 3-dimensional track information. In order to get momentum of particle, we used 28 hit-points of the JET chamber and IDCs in the mag- shower counters, used to separate electron and muons, were installed only for the ground observation. The total material thickness from outside the pressure vessel, passing through superconducting magnet coil, inside the JET chamber was 9.03 g/cm 2 .
Since '97 experiment, we installed a newly developed threshold-typeČerenkov counter with silica-aerogel radiator, after removing the ODCs [11] . The resolution of TOF was improved to 75 ps by using new photomultipliers (PMTs) with a larger diameter for better light collection [12] . In '99 experiment, we installed a part of the shower counter just below the superconducting magnet.
Data Samples
The '95 "ground" experiment was carried out at KEK, Tsukuba (36. and extracted from the original data. There were two kinds of efficiencies so as to gather atmospheric cosmic-ray data ; trigger efficiency (ε trigger ), track reconstruction efficiency (ε reconstruction ).
Data Analysis
At first, the following off-line selections were applied for the recorded events.
(i) One or two counters are hit in each layer of the TOF hodoscope and only one track should be found in the JET chamber.
(ii) Track should be fully contained in the fiducial region, namely the number of hits in the JET chamber expected from the trajectory should be 24 and the extrapolated track should cross the fiducial region of TOF scintillators (|z| < 43.0 cm).
We call an efficiency that pass through these selection by the name of single track efficiency (ε single ). We used Monte Carlo calculation in order to obtain efficiency which depend on the momentum.
Next, we selected muon tracks from tracks that pass through the above selec-tion. In order to select the muon tracks, we used the time-of-flight and rigidity information obtained by the TOF scintillation counters and drift chambers, respectively as shown in Fig. 2 . We selected the muon tracks using "muon β −1 -band cut" which are defined by :
Here, β is velocity of particle, m is muon mass and rigidity(R) is momentum per charge. We selected particles which pass through this requirement (< |3.89σ|), and we call this selection efficiency muon selection efficiency 20 GeV/c. We used muon events that pass through only these selections to obtain muon energy spectrum. As we shall see later, we had about 98.9 % efficiency to take the muon events.
Based on these muon events, we obtained the muon rigidity spectrum at the top of instrument (TOI) in the following way: The TOI energy of each event was calculated by tracing back the particle through the spectrometer material and correcting energy loss by using GEANT 3.21. The corrections were usually small, about 10 MeV for a 1 GeV event.
Among the factors necessary to obtain the flux, the geometrical acceptance In summary, the efficiencies used in deriving the muon flux were trigger efficiency (ε trigger ), track reconstruction efficiency (ε reconstruction ), single track efficiency (ε single ) and muon selection efficiency (ε µ−select ). The trigger was provided by a coincidence between the top and the bottom scintillators, with the threshold set at 1/3 of the pulse height from vertically incident minimum ionizing particles. ε trigger was obtained from pulse height distribution of the TOF counter. The efficiency for the trigger (ε trigger ) was estimated to be 99.95 %. All triggered events were recorded in magnetic tape, thereafter data summary tape (DST) was constructed by using the calibration data base.
The DST contains information of the track (momentum, track length, etc.), therefore only reconstructed events were filled in DST and we analyzed the muon flux by using DST. In order to estimate ε reconstruction , we made off-line scanning (eye scanning) for about 1000 tracks by using data made before DST and ε reconstruction was found to be 99.5 %. The single track selection efficiency (ε single ) was obtained from the M.C. simulation and the systematic error was estimated by examining agreements between observed and simulated distributions of the values used in the single track selection. ε single was found to be 99.5 %. The M.C. data agreed with the real data within 1.5 % in total. In order to select the muon events, we utilized the β band cut that has a width of 3.89 σ, thus the muon selection efficiency (ε µ−select ) was 99.99 %. From the efficiencies mentioned above, the total efficiency was found to be 98.9 %.
In order to eliminate possible influence of the momentum resolution to the muon flux, we used momentum up to 20 GeV/c. The momentum resolution of we assumed the spectral index of muon flux is −2.7. Our previous paper [5] discussed about this spectrum deformation effect of the BESS spectrometer.
As the momentum decreases, this error decreases. Then the errors caused by this effect was negligible at 0.6 GeV/c.
Summation of all the estimated systematic errors were 2.4 % for positive muons and 2.2 % for negative muons in Tsukuba and 2.2 % for positive muons and 1.9 % for negative muons in Lynn Lake.
Atmospheric Effect
Variations in cosmic-ray flux by the change of the atmospheric conditions is called "atmospheric effect". It has been known that there are two main sources of this effect [19] due to variations of the atmospheric pressure and temperature. Denoting integral flux of the muons at depth x 0 (g/cm 2 ) as I(E 0 , x 0 , θ), and the changes of atmospheric pressure and temperature as δP (mb) and δT (x) at x (g/cm 2 ) (x < x 0 ), we have a relation of
Here, E 0 is the total energy of muons at x 0 , E 0 is the threshold energy, and β(E 0 , x 0 , θ) and α(x, E 0 , x 0 , θ) are so called "barometric coefficient" and "partial temperature coefficient", respectively.
In order to get the barometric coefficient, we used two sets of '95 experimental data taken at different atmospheric pressures with a deviation of 25 hPa. Fig. 3 shows the barometric coefficient for the integral muon flux. The barometic effect has a negative correlation, and then flux decreases if the atmospheric pressure increases. A specific negative correlation due to the increases of the µ−e decay is expected dominant below 2 GeV/c and another specific negative effect due to the absorption by the ionization loss becomes dominant above 2 GeV/c. The observed coefficient seemed to be consistent with calculated values as shown in Fig. 3 . The effect at the 25 hPa pressure-difference on the muon flux amounts to be 2.5 % below 1 GeV/c and less than 1 % above 5 GeV/c.
The temperature effect was calculated by using a temperature coefficient reported by S. Sagisaka [19] , and observed variations in '95 experimental data are shown in Fig. 4 . We used high altitude temperature data observed by using a radio sonde data taken at Tateno Meteorological Observatory (36.1
• N,
140.1
• E, 10 km south of KEK) [20] . In order to analyse the temperature effect, we used two data sets which were taken at different temperature at the '95 experiment. The observed variation seemed to be consistent with the calculated variation. The variation of muon flux due to the temperature effect in the period of this experiment was less than 1 %.
6 Solar Modulation These difference of muon flux were 3 % around 1 GeV/c. These differences were within statistic and systematic errors with small bins and it was important to obtain spectral shape with small statistic errors. Therefore '97, '98 and '99 experimental data sets were combined to obtain the muon flux in Lynn Lake.
Results
Fig . 6 shows the resultant positive and negative muon fluxes, and Table. 1 and   Table. 2 summarize those data with systematic and statistic errors. We have observed the vertical fluxes of the positive and negative muons in a momentum range from 0.6 to 20 GeV/c with an estimated systematic error of 2.4 % for the positive muons and 2.2 % for the negative muons in Tsukuba, and 2.2 % for the positive muons and 1.9 % for the negative muons in Lynn Lake. The cutoff rigidity at Tsukuba is much higher than Lynn Lake. By comparing the data collected at two different geomagnetic latitudes, we have observed an effect of cutoff rigidity. Fig. 7 shows the total (positive and negative) differential muon spectra at Tsukuba and Lynn Lake, together with previous measurements [24] [25] [26] [27] [28] [29] [30] [31] [32] [33] . Our data on the muon fluxes those which were multiplied by p 2 at sea level are shown in Fig. 8 . From these figures, it is clearly seen that the muon flux measured in Tsukuba and in Lynn Lake were different in lower momentum ranged below 3.5 GeV/c, but were in good agreement in higher momentum beyond 3.5 GeV/c. This is because the cutoff rigidity for primary cosmic-rays does not affect in higher momentum. Fig. 9 shows ratios of positive and negative muons together with the previous measurements [33] [34] [35] [36] [37] , and the results are summarized in Table. 3 and in Table. 4. It was seen that the charge ratio obtained in Tsukuba decreased below 3.5 GeV/c while the charge ratio obtained in Lynn Lake remained almost constant value even in this energy range. This difference comes from the influence of the geomagnetic cutoff rigidity. Because the low momentum muons must be generated by the higher momentum protons at Tsukuba. The muon charge ratio observed in Tsukuba had to include systematic errors of proton subtraction and east-west effect. On the other hand, the muon charge ratio observed in Lynn Lake had systematic errors due to only proton subtraction.
The systematic error due to proton contamination was less than 2 %, therefore the muon charge ratio observed in Lynn Lake had very small systematic errors.
Discussion
The obtained momentum spectrum appeared to be good agreement with recent CAPRICE 94 [33] data using the instruments of magnetic spectrometer.
These data agreed well within the systematic and statistic errors. But the results of previous experiments were about 20 % larger than these recent experimental data. Most of these previous experiments needed normalization point in order to determine absolute muon fluxes. Since the spectrum shape is similar enough among those experiments, systematic errors of the absolute fluxes are supposed to be the main cause of these difference of absolute fluxes.
Therefore we performed our observations with a great care to evaluate the efficiencies to detect the muon tracks. We then have muon fluxes with much smaller systematic errors.
The atmospheric effect was clearly observed. Our result agreed well with the expectation of the analytical calculation [19] . The barometric coefficient had about −0.1 %/hPa at 1 GeV/c. A temperature effect had less influence on the muon flux in comparison with the barometric effect. Our observation of the temperature effect can also interpreted quantitatively with the expectation of an analytical calculation [19] . Therefore for a precise calculation of the atmospheric neutrino flux precisely, we could include these effect in an analytical way.
The solar modulation effects to the muon flux at the ground level was clearly observed in our experiments. Not only decreasing of the total flux, but also decreasing of the muon charge ratio has been observed. Decreasing of the muon flux should be due to decreasing of primary proton flux according to a temporal variation of the solar modulation. In the atmospheric neutrino flux calculation, it may be important to consider even small changes of the muon fluxes caused by the solar modulation.
Conclusion
The vertical absolute fluxes of atmospheric muons have been precisely measured with systematic errors of 2.4 % or smaller. We observed the geomagnetic effect by comparing the muon fluxes observed at Tsukuba, Japan and Lynn Lake, Canada. Muon charge ratios obtained at these two sites also showed the geomagnetic effect. The precise measurement of the muon flux at sea level is very important to understand cosmic-ray interactions inside the atmosphere and to decide fundamental parameters to study atmospheric neutrino oscillation. ('95). Lynn Lake ('97, '98 and '99).
Tsukuba ('95). 
